I'eomeTprueckoil OCHOBOM PEIIEHUS MOXKET
CIIYXKUTh HEPAGCHCHB80 MPEY20JIbHUKA: JTIS
m00bIX Touek A, B, C m10CKOCTH BEIIOIHSIETCS

HEPaBEHCTBO |AC - BC| <AB<AC+BC,

MIPUYEM PABEHCTBO MOYKET IOCTUTATHCS TOJIBKO B
cly4ae, KOT/1a TOUKH JIeKaT Ha OJHOM NMpsIMOil.
HanoMHuum, 4T0 pacctosiHuEe MKy TOUKaMu

A(Xa; ya) uB (Xb; yb) Ha KOOP/IMHATHOI

IJIOCKOCTU BBIYHCIISICTCS 1O (hopMyJie

AB = (% =% ) +(Ya= Vo)

HpuMep HaﬁHHTe HanMMCHbBIIICC 3HAYCHNUC BBIPAKCHUA

\/xz +(y-1)° +\/(x—1)2 +y°.

Peenue: paccCMOTPUM TOUKY A(O;l) u B (1; 0). ITycTs TOUKA

M (X;y),Torna MA=1/X2+(y—1)2, MB = [(X_1)2+y2 .

Io uepasenctsy Tpeyronsauka MA+ MB > AB, nostromy nannoe
BHIpAKEHHE TIPMHUMAET HauMEHbIIIee 3HAUCHHE B TOM CIIydae, Koraa

touka M npunagnexur orpesxy AB .

MA+ MB = AB
B
9TOM Cllydyae AB = \/(1_0)2 +(O—1)2 _ \/E
Omeem: \/E

1. Pemmre cucremMmy ypaBHEHUH
\/(X—G)Z +y? +\/X2 +(y-4) =213
\/(x—9)2 +y? +\/x2 +(y—3)2 =310

2. Haiigure HanGOoiblee 1 HaUMEHBIIIEE 3HAYEHUE

BBIpaXKEHUS \/XZ + y2 +1’X2 +(y+3)2 )

€CJIN

2|x|+|y|=2

I'eoMeTpHUECKOl OCHOBOH PEILIEHUS MOTYT
CITy’)KUTb Mempu4ecKue nmeopemol 2eomempuu
(Teopema ITndaropa, TeopemMa KOCHHYCOB,
TeopemMa CHHYCOB).

Wnest reoMeTpuyecKOro pereH!s BO3HUKAET
HCXOJIS U3 BUJIA BHIPAYKEHUH, CTOSIIUX O]
3HaKaMM KOpHEH, HallpuMep, BhIpaKECHHE

V1= +\J4—y? +/9— 2% +16 -t
HarnomuHaeT TeopeMy [Tudaropa, a BepakeHue

\/a2 —ab+b? + \/b2 —bc + ¢ manomumaer
TeopeMy KOCHHYCOB.

IIpumep. Jlokazatb, 4TO AJIs1 OJOKUTENBHBIX A, b, C BBINOJIHSETCS

HEPaBEHCTBO

Ja? —ab+b® ++b? —bc+c? >+a+ac+c’
Pewenue: pacemorpum otpeskn OA, OB, OC
OA=a,0B=b,0C =c,

/AOB =60°, /BOC =60°

Torna no TeopemMe KOCUHYCOB
& AB=+a’*-ab+b?,
w’ BC =+/b® —bc+c?,
‘ AC =+/a’ +ac+c?

Tak kak st Tpeyronsauka ABC (110 HepaBeHCTBY TpeyronbHHUKa)

TaKHe, 4To

AC < AB + BC, 10 HepaBeHCTBO 10Ka3aHO.

3. Haiinure HaumeHblnee 3HaueHUe QyHKIUH

Y =X —2X+4 +X2 —x43+1

4. HaiinuTe nOJ0XKUTEIbHBIC PELICHUS CHCTEMBI
YpaBHEHUH

X+y+Z+t=06

N +\/4—y2 +4/9-2° ++/16—t> =8

5. HaiimuTe Bce HEOTpHUIATENEHBIC PEIICHUS
CHCTEMBI YpaBHEHUHI

2/3sinx = 2siny =/3sinz
X+y+z=rx




Bo muOTHX 3aJaydax, CBA3aHHBIX C

Ipumep. Halinute HanGonpIiee 3HaYCHUE BRIPAKCHUS

JI0KA3aTeJIbCTBOM HEPABEHCTB MIIH TIOMCKOM A=sinXx-cosy-Cosz+Ccosx-siny-sinz. 6. Haiimmre
3KCTPEMAIIBHBIX 3HAUEHUH, 3P()EKTHBHO PeweHue: sin9° +sin49° +sin89° +...+sin 329°
NPUMEHUAETCS CIIEJICTBHE U3 OTPE/IeIEHUS L
CKANAPHOZ0 NpoussEdeHIA 6eKMOPOS IS;p,exaprosom CMCTEME KOOPANHAT PACCMOTPUM BEKTOPbI
a.b< ‘5_5‘ < aHB . KOTOpOE CHPABEATIEO B m{sin x;cosx} n n{cosy-cosz;siny-sinz}.Toraa
JICKapTOBOM CUCTEME KOOPIUHAT JTF000M A=m-n< ‘m‘ . ‘n‘ =
pasmepHocTH. [TOMHMO 3TO HCHOB3YETCS TOT
(baxT, 4TO MOIYJIb CYyMMBI N BEKTOPOB HE - \/Siﬂz X +C0S? X -\/COSZ y- cos? z +sin? y- sinz <
MPEBOCXOUT CYMMBbI UX MOJIyJIel, IprdeM
PaBEHCTBO JIOCTMTAETCs TOT/IA M TOJLKO TOT/IA, cos?z+sin’z =1
KOT/Ia BCE BEKTOPBI COHATIPABJICHBI.
Hanomuum, uto ecinu a{xa; ya} ; b{Xb; yb} , TO T
. o 3nauenue 1 MoxkeT nocturathes, Hanpumep, ipu X =0; Yy =2 =—
‘a =X +Y, mah=x % +Y, Y,
Omeem: 1
JIns okasaTenbeTBa psijia TPUTOHOMETPUYECKUX
TOXK/IECTB OBIBACT IT10JIE3CH ClIeIyoumii (akT:
nycth O — IEHTp PaBUILHOTO N-yTONbHUKA
AA,..A, , rorna OA +OA, +...+0A =0
Hanomunwu, uto paccmosnue mescdy mouxam | 501 Vssectro, uto 9X° +16 y? +1447° =169 . Haiigute
B TPEXMEPHOM IIPOCTPAHCTBE BLIYUCIISETCS 110 6 X+y+z=3
(bopmyse Hanbonbluee BO3MOXKHOE 3HaUYEeHME BblpaXKeHns 7. Pemmre cuctemy ypaswemmii 0 '
> > | 6X—4y+24z. X“+y +2°=3
ABZ\/(XB—XA) +(Ye—Ya) +(25—74) _
PeweHue: pacCMOTPUM BEKTOP m{3x;4y;122} , €ro A/vHa
Coepa c nenpom D (@;0;¢) u pannycom R 8. Ussectno, uto X+ 2y +3Z =1. Kakoe

3aa€TCs ypaBHEHUEM

(x—a)2 +(y—b)2 +(z—c)2 =R%a
YpaBHEHHE IJIOCKOCTU (X UMEET BUJ
Ax+By+Cz+D=0, e N{A;B;C} -
BEKTOp HOpMaJIU K IJI0cKocTH & . Kpome Toro,
ecn M (XO; Yo Z ) , TO paccmosanue om

mouku 00 njiockocmu O/ BBIYUCIISICTCS 110

|AX, + By, +Cz, + D|
JA’ +B2+C?

bopmyne | M;a |

M| = Jox* +16y” +1442° = 169 =13.

PaccMOTpUM BEKTOp 6{2;—1; 2}, nl=3.
m-n=6x— 4y+24z<‘m‘ ‘ ‘ 13-3=239. PaseHcTBO
AOCTUraeTca Korga M 1 N coHanpaseHbl, T.e.
3x 4y 12z
>0; x=42;y=1,52;2>0. Noacrasum B
2 1 2
ypaBHeHue 9(42)2 +16(1,5Z)2 +1447% =169, nonydaem
26, 13 13
X=—Jy= Z=—".0meem: 39

9 12’ 18

HaVMeHbllee 3Ha4YeHNe MOXKeT NPUHUMATb
2,2, 52
BblpaxkeHne X" + Yy  +2°7?




